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Abstract - In this paper, we present the WCIP iterative
procedure (Wave Concept Iterative Procedure) for solving
continuity conditions  in terms of waves rather than in term
of tangential fields providing a mixed resolution in spatial
and spectral domain taking the best advantage of each
resolution domain and lower computation time. The spiral
inductor with patterned ground shield is taken as an
example of multi-layer structures; the results are in
reasonably good  agreement  with the experimental data.

I. INTRODUCTION

Silicon-based technology offers many design
parameters to conceive passive elements in particular the
different interconnect levels allowing optimized
conceptions [1-5]. For simulations in the spatial domain,
thin multi-layer stacks are responsible of highly increased
calculation complexity. We will focus in this work on
spiral inductors with patterned ground shield and on their
modeling with the Wave Concept Iterative Procedure
(WCIP) [6]. Spatial domain provides the versatility in
circuit description while spectral domain ensures reliable
description of multi-layer substrates.

II. GENERAL THEORY

The efficiency of WCIP is mainly result of the
building of an iterative procedure, which avoids the
inversion of the integral operator to solve the boundary
conditions problem owing to its waves based formulation.

Fig. 1 The ideal WCIP structure and the equivalent

electromagnetic circuit

A. Definition of the waves

According to the surface S in Fig. 1, the waves are
defined as a linear combination of the tangential fields
as :
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with Z0 an arbitrary wave impedance, Et and Ht the
electric and magnetic tangential fields to the surface and
n the outgoing normal to the surface.

B. Boundary continuity conditions in terms of waves

On the printed surfaces, the boundary conditions  on
tangential fields are translated in terms of waves ; on the
metallic sub-domain DM, the cancellation condition  of
tangential electric fields  021 == EE  ( the subscript
i=1,2  refers to the two sides of the printed surface )
yields, from the definition (1),  the following S matrix to
represent  the continuity conditions :

                           
MM

A
A

B
B

















−

−
=









2

1

2

1

10
01             (2)

On  the  dielectric  sub-domain D D,    the  conditions

21 EE =  and 021 =+ JJ  give :
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while, on the source sub-domain D S, ( )21001 JJZEE +−=
give  :
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C. Integral operator in the spectral domain

As far as separable geometry is concerned, the set of
functions associated to both TE and TM transverse
electric fields provides a complete set of orthogonal basis
functions suitable to expand electric fields in the boxed
structure as [6-7]:
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in which α denotes the TE and TM mode functions. The
magnetic field is expressed as :
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The expressions (5) and (6) support the expansion in
the spectral domain of the integral operator Ŷ defined as :
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Hence, from definition (1), the waves can be expanded
on the same set of basis functions than the tangential
fields and the iΓ̂  operator such that ii AB Γ= ˆ , where i

=1,2  refers to the sides of surface S, has the general form :
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Applying Γ̂  simply consists in multiplying the modal
amplitude of the waves by the corresponding numbers

TE
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iΓ in (8), such that
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D. Integral operators in multi-layer structures

        ( a )

        ( b )

Fig. 2  Typical multilayer structure (a) and the equivalent
electromagnetic circuit of the problem (b).

The relations between the waves on each printed
layers are sketched in the equivalent electromagnetic
circuit in Fig. 2-b  by the integral operators 

1̂
Y , '

3̂
Y  and

1
Q̂  related respectively to the upper half space, the
substrate under the M2 metal level and the oxide
between the metal 1 (M1) and the metal 2 (M2). All of
these operators are handled through their reflection
coefficient-like version whose spectral expansion form
is given in (8).

The modal admittance, Y’3mn  used in  (7) to build the
operator form (9) of   '

3̂
Y  is given by :
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,with −+= , i  = 1,2,3,.. refers to the

layer i,   a and  b to the dimensions of the calculation
box and Yim,n  the mode admittance of modes m, n.

The two port operator
1

Q̂  has a spectral expansion in
the following form :
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E.  Iterative procedure

The whole printed surface being discretized by
pixel-like functions, collecting for each sub-domain the
S-relations (2-4) described in the previous section, the
scheme of the successive iterations is given by  :
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The toggling between the spatial and the spectral
representation of the waves A and B is ensured by a fast
modal transform quite similar to the fast Fourier
transform which takes advantages in the pixel-like
discretization of the printed surface ( see flowchart 1 ).

Let P  be the number of pixels and  N the number of
iterations, the total number of operations NT for a
simulation is given by  :

NT = 4NP( 1+ 3ln P )     (11)

while usual moment methods require ( ) 33KP  operations
with K being the ratio between the metallic part of the
circuit and the total surface.

(10)
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Flowchart 1   The iterative procedure of the waves

III. MODELING OF THE SPIRAL INDUCTANCE

The equivalent circuit of a spiral inductor on silicon
substrate is shown in fig. 3.

Fig. 3  The equivalent circuit of the spiral inductor

The lumped elements in the π-network of the spiral
inductor are extracted from the calculated scattering
matrix and   the quality factor of the spiral inductance is
deduced by the expression given by Yue and Wong [3].

IV. NUMERICAL RESULTS

The nominal technological parameters of the one turn
and half self Inductance in Fig. 4-b considered  in this
work are 20 Ω-cm silicon substrate with a 1.5 µm thick
diffusion layer, 0.5 µm and 6 µm of oxide, respectively.
The metal thickness of the inductor is 3 µm with
conductivity of 3.3*107 S/m. The conductors and the line
spacing are 26 µm and 8.66 µm wide, respectively, the
overall dimensions are 260*260 µm². The patterned
ground shield is fabricated using 0.3 µm thick poly-
Silicon. The spiral and the ground shield are separated by
6 µm oxide. After WCIP calculation,  current density and
electric field are in readily obtained. The magnitude of the

electric field distribution on the inductor layer and the
patterned ground shield layer is displayed in Fig. 5

     ( a )

 
 ( b )         ( c )

Fig. 4  (a) Modeling of the multi-layer circuit,  (b)
meshing of the printed structure of the spiral inductor

and, (c) Patterned ground shield

   

       ( a )

 ( b )

Fig. 5  Computed electric field distribution (a) on the
inductor and, (b) on the patterned ground shield layer
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       ( a )

( b )

Fig.6  Comparison of  the experimental results and the
simulation (WCIP) ) with Patterned Ground Shield (PGS)

and  No Ground Shield (NGS)  (a) inductance and,
(b) quality factor

TABLE 1
Comparison of the experimental results and the

simulation ( WCPI ) ) with Patterned Ground Shield
(PGS) and  No Ground Shield (NGS)

Results Measure
( PGS)

WCIP
( PGS)

WCIP
( NGS)

Qmax 16.45 15.3 10.5
LS ( nH) 1.50 1.42 1.28
RS ( Ω) 1.2 0.92 1.3
CS ( fF) 13.5 12 12
Rp ( kΩ) 3.80 1.20 0.68
Cp (fF) 258 145 127

fQmax (GHz) 2.3 2.3 2.3

In Fig.6 and Table 1 the results are confronted to
measurements and the influence of patterned shield is
outlines and shows a Q-factor improvement of around 5
units in comparison with the bottom ground plane case.

Fig.7 presents a comparison between the number of
operations ( NT ) in standard Moment Method (MOM) and
WCIP for different numbers of iterations in equation (11).
WCIP is indeed seen as a good candidate to introduce for
example grating ground planes in the simulations.

Fig. 7  Comparison of  the number of operations
between Moment method ( K=0.5) and WCIP versus the

number of iterations

V. CONCLUSION

WCIP which allows the description of complex and
multi-layer design is seen properly conceived to apply
to integrated circuit modeling without resorting to
extensive computation times; it appears as an efficient
alternative to the standard moment method in these
2.5D and 3D configurations. This method was applied
to the analysis of the spiral inductors topologies
including those requiring more than one metal level
with patterned ground shield. The results were favorably
compared to measurement and published results.

The WCIP method presented in this paper is
expected to have wide applications in multi-layer IC’s.
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